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1. Introduction 22 

Railways is by far the safest form of ground transportation. However, the railway now finds itself 23 

in a situation where safety is a real issue that has to be dealt with in a new public culture of rapid 24 

change, short-term pressures and instant communications [1, 2, 3]. Railway out-of-gauge freight (ROF) 25 

refers to those oversized cargoes that are wider or longer or higher. In other words, the loading outlines 26 

are beyond rolling stock gauges such as platforms, tunnels and signal equipment, which require safe 27 

gaps and clearances between trains and infrastructures [4, 5]. A rolling stock gauge defines the 28 
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maximum profile dimension of a train, i.e., a minimum gap is required between ROF loading outline 29 

and rolling stock [6, 7]. Sufficient clearances between ROF loading outlines and railway gauges are 30 

usually called as safety gaps. However, loading outlines of a ROF train are often beyond the rolling 31 

stock gauges along with its route [7]. Therefore, railway operators have to check safety clearances in 32 

the railway network to ensure the safest route to be selected for a ROF train [8]. 33 

Wilson [4] reviewed the UK railway network and emphasized that ROF trains with oversized 34 

loading outlines particularly affect safety of the UK rail network. Chen et al. [9] proposed a vehicle-35 

road reliability and safety simulation model that can be used to simulate a safe transportation of out-36 

of-gauge goods trains using Simpack simulation software. Lei et al. [10] developed an object-oriented 37 

method for calculating out-of-gauge goods outline, which addresses object description, projection, and 38 

integration. Perez et al. [5] developed a sophisticated gauging method to measure railway 39 

infrastructure gauges. Chen et al. [15] proposed an optimal model for the selection of ROF 40 

transportation route. Luo et al. [16] developed a reconstruction model for route planning of multimodal 41 

transportation of oversize and heavyweight cargo, and such a model focuses on loading outlines and 42 

weights of trains. However, these studies only focus on railway freight train design, routing and 43 

scheduling problems, but do not address ROF problem, for example, safety gap distance checking, 44 

which have potential risks leading to accidents [11, 12, 13] such as train collision with infrastructure 45 

along the route causing train derailments. 46 

A ROF train is different from common railway freight train. When a train is marshaled with rail 47 

cars loaded ROF goods, the train turns to an out-of-gauge one. Therefore, the risks leading to accidents 48 

of ROF trains are higher than common railway freight trains, which strict operation requirements for 49 

the ROF trains are required to ensure safe transportations, for example, speed control and safety gap 50 

limit are required [6, 14]. The safe transportation of a ROF train greatly depends on the gap distances 51 

between ROF loading outlines and railway gauges along its route from its original station to destination 52 

station. Furthermore, there will be a large amount of data that the ROF routing problems cannot be 53 

solved quickly by using current methods in a simple and accurate way because the data of railway 54 

gauges are always changed in real time across railway network according to current actual situations. 55 

It is necessary to develop new methods for safety calculating and checking by taking current actual 56 

railway gauge situations into consideration. Literature search shows that no research has proposed 57 

railway gauge double-checking method to ensure a safe ROF transportation that can be selected. 58 

Literature search also shows that no research addresses economic issue when planning a ROF route. 59 

Therefore, selection of a ROF route may also need to take costs into consideration in the decision-60 

making process so that a safe and economic ROF transportation route can be determined. 61 



This paper presents a new methodology for the selection of a safe and economic ROF route in the 62 

railway network which will provide a method and tool to railway operators in the planning of the safe 63 

and economic routes for ROFs. In this method, case-based reasoning 𝑘-shortest path algorithm is 64 

employed to generate possible alternative ROF routes. The proposed double-checking approach is then 65 

proposed and applied to check safety gaps and clearances, and finally transportation costs are taken 66 

into consideration in the decision-making process to ensure that a safe and economic ROF route can 67 

be selected. By using the proposed method, a safe and economic route for a ROF train from its original 68 

station to destination station in the railway network can be determined in which the flow balance at 69 

each railway station, safe clearances between ROF loading outlines and railway gauges along its route 70 

are taken into consideration. The significant contributions of this study can be summarized as follows: 71 

 Possible ROF route generation method has been established to take historical data, current ROF 72 

loading outlines and existing railway gauges into consideration, 73 

 Double-checking approach has been developed to check railway gauges, safety gap clearances 74 

and operation conditions along the possible routes to guarantee a safe ROF transportation, 75 

 A ROF route optimal model has been developed by taking safety and economics in the decision-76 

making process so that a ROF safe and economic transportation route can be determined, 77 

 The proposed method provides a great opportunity to incorporate it into expert systems in the 78 

railway industry to enhance the safe and economic operations for railway transportation. 79 

The remainder of this paper is organized as follows: After Introduction Section, Section 2 80 

describes the analysis of the flow balance and safety gap constraints between ROF loading outlines 81 

and railway gauges. Section 3 discusses cost estimation based on distances, out-of-gauge grades and 82 

extra transport costs, and objective functions are established. The proposed ROF route optimal model 83 

is presented in Section 4. A ROF safe and economic transportation route decision support process is 84 

presented in Section 5 in which ROF loading outlines and railway gauges double-checking algorithm 85 

and a solution process based on safety requirements are described. A case study is used to demonstrate 86 

the performance of the proposed methodology is presented in Section 6. Finally, conclusions are given 87 

in Section 7. 88 

 89 

2. Flow Balance and Safety Gap Clearance Constraints 90 

The selection of a ROF transport route usually depends on ROF loading outlines and rolling 91 



stock gauges in the railway network. The following assumptions are currently applied to reduce the 92 

problem complexity: (i) ROF loading outline is based on ROF loading method as planned, (ii) railway 93 

infrastructures satisfy ROF requirements, e.g., bridges along the route are strong enough to support 94 

ROF vehicle weights, and (iii) railway gauges are unchangeable, for example, station platforms, signal 95 

towers, and tunnels are not changed. 96 

 97 

2.1 Flow balance constraints 98 

There are many stations in a railway network, which can be classified as key stations and 99 

intermediate stations. Intermediate stations are within the railway network between two adjacent key 100 

stations. Fig. 1 shows a typical a route. 101 

 102 
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Fig. 1 A typical route 104 

 105 

In Fig. 1, 𝑣𝑖 and 𝑣𝑗  denote two key stations, 𝑒𝑖,𝑗 is the key section between two key stations 𝑣𝑖 and 106 

𝑣𝑗 , which are connected by 𝑛𝑖,𝑗(𝑛𝑖,𝑗 ∈ 𝑵) intermediate stations. Intermediate stations are represented 107 

by 𝑣𝑖,𝑗
𝑘  (𝑘 = 1,2,⋯ , 𝑛𝑖,𝑗). 𝑣𝑖,𝑗

𝑘  is the kth intermediate station between 𝑣𝑖 and 𝑣𝑗  (𝑣𝑖,𝑗
0 = 𝑣𝑖, 𝑣𝑖,𝑗

𝑛𝑖,𝑗− 1 =108 

𝑣𝑗 ). Suppose key stations 𝑛key  be identified in the route, ∀𝑖  and  ∀𝑗 ∈ {𝑖 𝑎𝑛𝑑 𝑗 =109 

1, 2,⋯ , 𝑛key} (𝑛key  is the total number of key stations). Let 𝑮 = (𝑽, 𝑬) be a key ROF railway 110 

network in which includes all of key stations, a whole freight network can be expressed as 𝑮′ = (𝑽′, 𝑬′) 111 

where includes all key and intermediate stations. 𝑽 = {𝑣𝑖|𝑖 = 1,2,⋯ , 𝑛key} denotes the set of all key 112 

stations, 𝑬 = {𝑒𝑖,𝑗|𝑖, 𝑗 = 1,2,⋯ , 𝑛key} denotes the set of sections between two key sections, 𝑽′ =113 



𝑽 ∪ 𝑽′′ (𝑽′′ = {𝑣𝑖,𝑗
𝑘 |𝑘 = 0,⋯ , 𝑛𝑖,𝑗,  𝑒𝑖,𝑗 ∈ 𝑬 }) denotes the set of all intermediate stations between 𝑣𝑖 114 

and 𝑣𝑗 , and 𝑽′′  represents all intermediate stations except key stations, 𝑬′ =115 

{𝑣𝑖𝑣𝑖,𝑗
1 , ⋯ , 𝑣𝑖,𝑗

𝑘−1𝑣𝑖,𝑗
𝑘 , ⋯ , 𝑣

𝑖,𝑗

𝑛𝑖,𝑗𝑣𝑗| 𝑒𝑖,𝑗 ∈ 𝑬, 𝑛𝑖,𝑗 > 1 } ∪ {𝑣𝑖𝑣𝑖,𝑗
1 , 𝑣𝑖,𝑗

1 𝑣𝑗|𝑒𝑖,𝑗 ∈ 𝑬, 𝑛𝑖,𝑗 = 1 } ∪ { 𝑣𝑖𝑣𝑗| 𝑒𝑖,𝑗 ∈116 

𝑬, 𝑛𝑖,𝑗 = 0 } denotes the set of all intersections from key station 𝑣𝑖 to key station 𝑣𝑗 . For example, 117 

original and destination stations in a railway network are usually two key stations, i.e., 𝑣𝑜 , 𝑣𝑑 ∈ 𝑽, a 118 

safe transport route from original station 𝑣𝑜 to destination station 𝑣𝑑 can be determined directly by 119 

the key ROF railway network 𝑮, and the whole freight network 𝑮′. 120 

 Suppose ROF flow balance is in the key ROF railway network 𝑮, and a ROF train flow-out at the 121 

original station 𝑣𝑜 and flow-in at the destination station 𝑣𝑑, which is equivalent to ROF flow-in and 122 

flow-out at other railway stations along a ROF route. The key ROF railway network 𝑮 is regarded as 123 

a direction map that a key station receives ROF flow from 𝑣𝑖 called as an out-adjacent key station to 124 

next key station 𝑣𝑗  called as in-adjacent key station. Let 𝜑(𝑣𝑖) = {𝑣𝑗 ∈ 𝑽|𝑒𝑖,𝑗 ∈ 𝑬} ( 𝑣𝑖{𝑖 =125 

1,2, … , 𝑛𝑘𝑒𝑦})  be the out-adjacent key station set, and  𝛽(𝑣𝑖) = {𝑣𝑗 ∈ 𝑽|𝑒𝑗,𝑖 ∈ 𝑬} ( 𝑣𝑖{𝑖 =126 

1,2, … , 𝑛𝑘𝑒𝑦})  be the in-adjacent key station set, the flow balance constraint in key railway network 127 

 𝑮 about a ROF transport route can be obtained by 128 

 129 

∑ 𝑥𝑖,𝑗 − ∑ 𝑥𝑖,𝑗 = {

1              𝑣𝑖 = 𝑣𝑜
0       𝑣𝑖 ≠ 𝑣𝑜 , 𝑣𝑑
−1          𝑣𝑖 = 𝑣𝑑

𝑣𝑗∈𝛽(𝑣𝑖)𝑣𝑗∈𝜑(𝑣𝑖)
          (1) 130 

 131 

where 𝑥𝑖,𝑗  is the decision parameter for a ROF transport route and its value is 0 or 1. For example, if 132 

the ROF train visits stations 𝑣𝑖 and 𝑣𝑗  (𝑣𝑖  and 𝑣𝑗 ∈ 𝑽), i.e., the key section 𝑒𝑖,𝑗  is a ROF route, then 133 

 𝑥𝑖,𝑗 = 1; otherwise, 𝑥𝑖,𝑗 = 0, i.e., the ROF train does not visit stations 𝑣𝑖 and 𝑣𝑗 , and 𝑒𝑖,𝑗 is not a 134 

ROF route. 135 

 136 

2.2 Safety gap clearance constraints between ROF loading outlines and railway gauges 137 

ROF loading outlines and railway gauges need to be considered in the selection process of a ROF route 138 



process to choose a safe ROF route. Fig. 2 shows typical loading outlines in which include the shaped 139 

ROF loading outline as shown in Fig. 2(a) and the non-shaped ROF loading outline as shown in Fig. 140 

2(b). 141 

 142 

                143 

     (a) Shaped ROF loading outline                     (b) Non-shaped ROF loading outline 144 

Fig.2 ROF loading outlines 145 

As can be seen in Fig. 2 (a), the highest height of the ROF loading outline is at the middle-center 146 

point and the lowest height is from rail surface to vehicle floor. Other heights of the ROF loading 147 

outline compared with the middle-center height are called as the 1st-side height, the 2nd-side height, …, 148 

the nth-side height in a particular order from higher to lower, respectively. If a ROF loading outline is 149 

the non-shaped outline as shown in Fig.2 (b), a ∆ℎ can be applied to determine the highest height of 150 

a ROF outline, which ∆ℎ=10 mm is usually used to calculate the outline height. ROF loading outlines 151 

can be usually recorded as shown in Table 1. 152 

Table 1 ROF loading outlines 153 

No. Location Higher height/mm Lower height/mm Half-width/mm 

0 Middle-center height > Floor height  > 0 

1 1st-side height > Floor height  > 0 

2 2nd-side height > Floor height  > 0 

 …     ……                  …… 

n nth-side height > Floor height Floor height > 0 

 154 

Therefore, ROF loading outline can been presented by 155 

 156 



𝑯 =

(

 
 
 

ℎ0,0 ℎ0,1 𝑤0
ℎ1,0 ℎ1,1 𝑤1

⋮
ℎ𝑎,0 ℎ𝑎,1 𝑤𝑎

⋮
ℎ𝑛,0 ℎ𝑛,1 𝑤𝑛)

 
 
 

∪

(

 
 
 

ℎ0,0 ℎ0,1 −𝑤0
ℎ1,0 ℎ1,1 −𝑤1

⋮
ℎ𝑎,0 ℎ𝑎,1 −𝑤𝑎

⋮
ℎ𝑛,0 ℎ𝑛,1 −𝑤𝑛)

 
 
 

         (2) 157 

 158 

where ℎ𝑎,0 > 0  and ℎ𝑎,1 > 0 , ℎ𝑎,0  is the ath side-height (𝑎 = 0,1, … , 𝑛)  and ℎ𝑎,1 = ℎ𝑎,0 − ∆ℎ 159 

where the middle-center height is ℎ0,0 as shown in Fig. 2(b). It should be noted that  ℎ𝑎,1 = 𝑁𝑈𝐿𝐿 160 

only when the height of loading outline is consistent at the height of the ath-side height. 𝑤𝑎 (𝑤𝑎 > 0) 161 

denotes the width at the 𝑎th-side height. 𝑤𝑎 and −𝑤𝑎 indicate half-width of the ROF outline at the 162 

right and left hands of the longitudinal center line of the rail track as shown in Fig. 2. In this case, 163 

 ℎ0,0 > ℎ1,0 > ℎ2,0 > ⋯ > ℎ𝑛,0 > 0, ℎ𝑛,1 > 0, i.e.,   ℎ𝑎,0 > ℎ𝑎,1 and  ℎ𝑎,1 ≥ ℎ𝑎+1,0 . 164 

Safety gap clearances related to railway gauges need to be taken into consideration [4, 8] in the 165 

determination of ROF transport routes. ROF loading outlines must be beyond rolling stock gauges and 166 

do not exceed railway gauges of railway infrastructures such as bridges, tunnels, platforms, electrical 167 

equipment boxes, signal devices and over-head power lines along a ROF route [17, 18]. Therefore, the 168 

maximum train loading outline must be within minimum railway gauges, which can be expressed by 169 

 170 

𝑺 =

(

 
 
 

𝑠1,0 𝑠1,1 𝑏 1
′

𝑠2,0 𝑠2,1 𝑏2
′

⋮
𝑠𝑐,0 𝑠𝑐,1 𝑏𝑐

′

⋮
𝑠𝑚,0 𝑠𝑚,1 𝑏𝑚

′ )

 
 
 

             (3) 171 

 172 

where the heights of railway gauges are divided into m parts, i.e., 𝑐 = 1,2…𝑚, 𝑠𝑐,0(𝑠𝑐,0 > 0) and 173 

𝑠𝑐,1(𝑠𝑐,1 > 0). When the height of a ROF loading outline is consistent at the height of the bth-side 174 

height, then 𝑠𝑐,1 = 𝑁𝑈𝐿𝐿. 𝑏𝑐  
′ (𝑏𝑐

′ ≠ 0) represents the highest height 𝑠𝑐,0 or the lowest height 𝑠𝑐,1, 175 

i.e., distances from the longitudinal center line of railway track to railway gauges. If a control point of 176 

the minimum railway gauge lies at the right hand of the longitudinal center line, then 𝑏𝑐
′ > 0 ; 177 

Otherwise, at the left hand of the longitudinal center line, 𝑏𝑐
′ < 0. Let 𝑺𝑖,𝑗

𝑘  (𝑣𝑖,𝑗
𝑘−1, 𝑣𝑖,𝑗

𝑘 ∈ 𝑽′) denote the 178 

minimum railway gauge in the railway intersection 𝑒𝑖,𝑗
𝑘 (𝑒𝑖,𝑗

𝑘 ∈ 𝑬′) in the whole freight network 𝑮′, and 179 

 𝛿(mm) be a safety allowance as the clearance constraint, a safety gap between ROF loading outlines 180 



and railway gauges can be described by 181 

 182 

𝑑𝑖𝑠(𝑯, 𝑺𝑖,𝑗
𝑘 ) − 𝛿 > 0               (4) 183 

 184 

where 𝑑𝑖𝑠(𝑯, 𝑺𝑖,𝑗
𝑘  ) is the minimum safety gap between ROF loading outlines 𝑯 and the minimum 185 

railway gauges 𝑺𝑖,𝑗
𝑘   at the railway intersection 𝑒𝑖,𝑗

𝑘  as shown in Fig. 3. 186 

As can be seen in Fig. 3, the outer line represents railway gauges, and the inner line represents 187 

ROF loading outline. A minimum gap distance between control points such as Points A to H of railway 188 

gauges and Points p to t of the ROF loading outline in a railway intersection  𝑒𝑖,𝑗
𝑘  can be calculated by 189 

 190 

𝑑𝑖𝑠(𝑯, 𝑺𝑖,𝑗
𝑘  ) = 𝑚𝑖𝑛{|py|, |qx|, |sl|, |Bz|, |Fo|, |Gu|,⋯ }        (5) 191 
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Fig.3 Minimum safe gap distance  𝑑𝑖𝑠(𝑯, 𝑺𝑖,𝑗
𝑘 ) 194 

 195 

Figs. 4 (a) and (b) show two cases when calculating ROF gap distances where  r′ and   s′ are control 196 

points of the ROF loading outline,  F′ is the control point of the railway gauge, and y′ is the point of 197 

a perpendicular. A gap distance between the point  F′ and y′ is  |F′y′| in Case 1 as shown in Fig. 4 198 

(a), while a gap distance between the point  F′ and the line  r′s′ is 𝑚𝑖𝑛{|F′s′|, |F′r′|} in Case 2 as 199 

shown in Fig. 4 (b). 200 

Assume 𝑓: 𝑒𝑖,𝑗
𝑘 → 𝑒𝑖,𝑗 denotes the mapping relationship between the railway section 𝑒𝑖,𝑗  (𝑒𝑖,𝑗 ∈ 𝑬)  201 

and its intersections 𝑒𝑖,𝑗
𝑘 (𝑒𝑖,𝑗

𝑘 ∈ 𝑬′) on a selected ROF route, it can be determined by 202 



 203 

𝑒𝑖,𝑗
𝑘 ∈ {𝑣𝑖𝑣𝑖,𝑗

1 , ⋯ , 𝑣𝑖,𝑗
𝑘−1𝑣𝑖,𝑗

𝑘 , ⋯ , 𝑣
𝑖,𝑗

𝑛𝑖,𝑗𝑣𝑗|𝑥𝑖,𝑗 = 1, 𝑛𝑖,𝑗 > 1, 𝑘 ∈ {1,2,⋯ , 𝑛𝑖,𝑗} } , {𝑣𝑖𝑣𝑖,𝑗
1 , 𝑣𝑖,𝑗

1 𝑣𝑗|𝑥𝑖,𝑗 =204 

1, 𝑛𝑖,𝑗 ≥ 1 } or { 𝑣𝑖𝑣𝑗|𝑥𝑖,𝑗 = 1, 𝑛𝑖,𝑗 = 0 }           (6) 205 

 206 

Therefore, the safety gap clearance constraint Eq. (4) can be rewritten as 207 

 208 

𝑑𝑖𝑠(𝑯, 𝐒𝑖,𝑗
𝑘  ) − 𝛿 > 0      𝑓: 𝑒𝑖,𝑗

𝑘 → 𝑒𝑖,𝑗, 𝑥𝑖,𝑗 = 1          (7) 209 

 210 
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Fig.4 Safety gap of ROF distance calculations 212 

 213 

3. Development of Optimization Objective Functions 214 

The aim of ROF route planning is to select a safe route while reducing the transport costs. The 215 

following sections describe transport costs and extra costs that should be taken into consideration to 216 

find a safe and economic ROF route in the decision-making process. 217 

 218 

3.1 Calculation of transport costs 219 

The transport costs are usually calculated based on the distance from original station to destination 220 

station. Let  𝑑𝑖,𝑗 and 𝑑𝑖,𝑗
𝑘  denote the distances of the railway section 𝑒𝑖,𝑗 between two key stations 𝑣𝑖 221 

and 𝑣𝑗  and its intersection 𝑒𝑖,𝑗
𝑘 , which can be calculated by 222 

 223 

𝑑𝑖,𝑗 = ∑ 𝑑𝑖,𝑗
𝑘 , 𝑒𝑖,𝑗

𝑘 ∈ 𝑬′,𝑓:𝑒𝑖,𝑗
𝑘 →𝑒𝑖,𝑗

𝑒𝑖,𝑗 ∈ 𝑬           (8) 224 

 225 

The total distance of a ROF transport route is  ∑ (𝑥𝑖,𝑗𝑑𝑖,𝑗)∀𝑒𝑖,𝑗∈𝑬
 (km) and the transport costs can be 226 

calculated by 227 



 228 

𝐷𝑖𝑠𝑖,𝑗 = ∑ (𝑥𝑖,𝑗𝑑𝑖,𝑗)∀𝑒𝑖,𝑗∈𝑬
              (9) 229 

𝐶𝑜𝑠𝑡𝑖,𝑗 = 𝜔𝜇∑ (𝑥𝑖,𝑗𝑑𝑖,𝑗)∀𝑒𝑖,𝑗∈𝑬
             (10) 230 

 231 

where 𝜔 and 𝜇 denote the weight (tons) and the price (USA$/t-km), respectively. 232 

However, the price may include floating cost charges due to oversized loading of a ROF train 233 

according to floating cost rate ε based on classification of the out-of-gauge grades. Currently, out-of-234 

gauges are classified in to three grades, i.e., the first out-of-gauge grade, second out-of-gauge grade 235 

and super out-of-gauge grade [15]. As can be seen in Fig. 5, the ROF loading outline is represented by 236 

the solid line. If the distance between ROF loading outline and railway gauge (the double dot dash line) 237 

is more than 1250 mm, but not beyond the first standard gauge (the dot line), the ROF is classified as 238 

the first out-of-gauge grade. However, if the distance between ROF loading outline and railway gauge 239 

exceeds the first standard gauge (the dot line) and the distance between ROF loading outline and 240 

railway gauge in the range of 150 to 1250 mm, but not beyond the second standard gauge (the dot dash 241 

line), the ROF is classified as the second out-of-gauge grade. If the distance between ROF loading 242 

outline and railway gauge is beyond the second standard gauge (the dot dash line), the ROF is classified 243 

as super out-of-gauge grade. The higher the grade of out-of-gauge is, the higher the extra charge would 244 

be. 245 

Therefore, the basic cost 𝑓𝑏𝑎𝑠𝑖𝑐 based on the price and floating cost rate can be calculated by 246 

 247 

𝑓basic = 𝜔𝜇(1 + 𝜀)∑ (𝑥𝑖,𝑗𝑑𝑖,𝑗)∀𝑒𝑖,𝑗∈𝑬
            (11) 248 

 249 



 250 

Fig.5 Railway standard gauges Vs ROF out-of-gauge grades 251 

 252 

3.2 Calculation of extra costs 253 

Different safety gaps between ROF loading outlines and railway gauges may have special safe 254 

operation requirements for a ROF train, for example, to limit ROF train’s speed and reduce numbers 255 

of other trains running along the ROF route [4, 7]. Therefore, a ROF safe transport may require extra 256 

costs because of speed limit, non-intersection transport, ROF transport with insulating plates and no-257 

electricity in over-head equipment. 258 

Let 𝜏sp , 𝜏ni,  𝜏ip and  𝜏nep  be ROF extra cost rates for per intersection along the ROF route 259 

because of speed limit, non-intersection transport, ROF transport with insulating plates and no-260 

electricity in over-head equipment, respectively, and  𝑛sp,  𝑛ni,  𝑛ip and  𝑛nep  denote the numbers 261 

of corresponding intersections with the operation requirements. The extra cost 𝑓extra  can be 262 

calculated by 263 

 264 

𝑓extra = 𝜏sp𝑛sp + 𝜏ni𝑛ni + 𝜏ip𝑛ip + 𝜏nep𝑛nep         (12) 265 

 266 

where 𝑛sp,  𝑛ni,  𝑛ip and  𝑛nep can be determined as below. 267 

 268 

The numbers of intersections with ROF speed limit 𝑛sp can be calculated by 269 

 270 



𝑛sp = ∑ (𝑥𝑖,𝑗|{𝑒𝑖,𝑗
𝑘 |𝑑𝑖𝑠(𝑯, 𝑺𝑖,𝑗

𝑘  ) − 𝛿 ∈ [𝑑𝑠𝑝
𝑙 , 𝑑𝑠𝑝

𝑢 ]}|)∀𝑒𝑖,𝑗∈𝑬
       (13) 271 

 272 

where [𝑑𝑠𝑝
𝑙 , 𝑑𝑠𝑝

𝑢 ] ( 𝑑sp
u > 𝑑sp

l > 0) indicates the distance in a railway section for speed limit of a ROF 273 

train, and 𝑯 is ROF loading outlines and 𝑺𝑖,𝑗
𝑘   is the minimum railway gauges as described before in 274 

section 2.2. 275 

 276 

Let ℎni  be the gap between The ROF train and other train passing each other,  𝑛ni  can be 277 

calculated by 278 

 279 

𝑛ni = ∑ (𝑥𝑖,𝑗|{𝑒𝑖,𝑗
𝑘 |ℎni −𝑯− 𝛿 < 𝑑ni }|, 𝑣a ∈ [𝑣ni

l , 𝑣ni
u ] )∀𝑒𝑖,𝑗∈𝑬

      (14) 280 

 281 

Where 𝑑ni is the minimum gap clearance for two adjacent trains in the section, and [𝑣ni
l , 𝑣ni

u ] (𝑣ni
u >282 

𝑣ni
l > 0) indicates the range of required speed for non-intersection transport, and 𝑣a is the speed limit 283 

of the other train running on the adjacent line to ROF line. 284 

 285 

Let ℎecl  be the lowest height of the over-head equipment. Thus, 𝑛ip  and  𝑛nep  can be 286 

calculated by Eqs. (15) and (16), respectively. 287 

 288 

𝑛ip = ∑ (𝑥𝑖,𝑗|{𝑒𝑖,𝑗
𝑘 |ℎecl  − ℎ0,0  − 𝛿 ∈ [𝑑ip

l , 𝑑ip
u ], 𝜌𝑖,𝑗

𝑘 = 1 }|)∀𝑒𝑖,𝑗∈𝑬
     (15) 289 

 290 

where [𝑑ip
l , 𝑑ip

u ]  (𝑑ip
u > 𝑑ip

l > 0)  indicates distance of the section that a safe gap is required between 291 

ROF outline and insulating plates (plates on the top of the ROF to separate ROF goods from the over-292 

head equipment), and 𝜌𝑖,𝑗
𝑘   denotes whether or not such an intersection is railway electrification 293 

intersection. When 𝑒𝑖,𝑗
𝑘  is a railway electrification intersection, 𝜌𝑖,𝑗

𝑘 = 1 , otherwise, 𝜌𝑖,𝑗
𝑘 = 0. 294 

 295 

𝑛nep = ∑ (𝑥𝑖,𝑗|{𝑒𝑖,𝑗
𝑘 |ℎecl  − ℎ0,0 − 𝛿 ∈ [𝑑nep

l , 𝑑nep
u ], 𝜌𝑖,𝑗

𝑘 = 1 }|)∀𝑒𝑖,𝑗∈𝑬
    (16) 296 

 297 

where [𝑑nep
l , 𝑑nep

u ] indicate the distance that a safe gap is required between ROF outline and over-298 

head equipment with insulating plates, and  𝑑ip
u > 𝑑ip

l > 𝑑nep
u > 𝑑nep

l > 0. 299 



Therefore, the total cost 𝑓(𝑣𝑜 , 𝑣𝑑) of a ROF transport from original station to destination station 300 

can be calculated by 301 

 302 

𝑓(𝑣𝑜 , 𝑣𝑑) = 𝑓basic + 𝑓extra             (17) 303 

 304 

where 𝑣𝑜  is the original station and 𝑣𝑑 is the destination station. 305 

 306 

4. ROF Route Optimal Model 307 

An optimal model can be established to minimize total transport cost with the constraints of ROF 308 

flow balance and railway safety gap clearances as 309 

 310 

Min:  𝑓(𝑣𝑜 , 𝑣𝑑) = 𝜔𝜇(1 + 𝜀) ∑ (𝑥𝑖,𝑗𝑑𝑖,𝑗)

∀𝑒𝑖,𝑗∈𝑬

+ 𝜏sp𝑛sp + 𝜏ni𝑛ni + 𝜏ip𝑛ip + 𝜏nep𝑛nep 311 

Subject to:  ∑ 𝑥𝑖,𝑗 − ∑ 𝑥𝑖,𝑗 = {

1              𝑣𝑖 = 𝑣𝑜
0       𝑣𝑖 ≠ 𝑣𝑜 , 𝑣𝑑
−1          𝑣𝑖 = 𝑣𝑑

𝑣𝑗∈𝛽(𝑣𝑖)𝑣𝑗∈𝜑(𝑣𝑖)
 312 

𝑑𝑖𝑠(𝐇, 𝐒𝑖,𝑗
𝑘  ) − 𝛿 > 0      𝑓: 𝑒𝑖,𝑗

𝑘 → 𝑒𝑖,𝑗 , 𝑥𝑖,𝑗 = 1 313 

𝑥𝑖,𝑗 = 1 𝑜𝑟 0              (18) 314 

 315 

Therefore, the optimal ROF transport route 𝑹∗ (𝑹∗ ⊆ 𝑬) in the ROF key network 𝑮 can be calculated 316 

by 317 

 318 

𝑹∗ = {𝑒𝑖,𝑗|𝑒𝑖,𝑗 ∈ 𝑬, 𝑥𝑖,𝑗 = 1}              (19) 319 

 320 

and the optimal intersection set 𝑹′∗ (𝑹′
∗
⊆ 𝐄′) in the whole freight network  𝑮′ can be determined by 321 

 322 

𝑹′∗ = {𝑒𝑖,𝑗
𝑘 |𝑒𝑖,𝑗

𝑘 ∈ 𝐄′, 𝑒𝑖,𝑗 ∈ 𝑹
∗, 𝑓: 𝑒𝑖,𝑗

𝑘 → 𝑒𝑖,𝑗}          (20) 323 

 324 

5. Proposed ROF Safe and Economic Transportation Route Decision Support Process 325 

As described earlier in this paper, it is necessary to develop a ROF transportation decision support 326 

process for selection of a safe and economic route for a ROF train [7, 15]. Fig. 6 shows the proposed 327 

ROF safe and economic route decision support process that is described in the follow sections. 328 

 329 



 330 

Fig.6 Proposed ROF safe and economic transportation route decision support process 331 

 332 

5.1 Possible ROF transport route generation 333 

The process of possible ROF transport route generation is summarized in Table 2, which can be done 334 

based on historical database [19-21]. However, as stated earlier in this paper, the data of railway gauges 335 

are always changed in real time across railway network according to current actual situations. therefore, 336 

Double-checking approach by taking current field investigation data into consideration needs to be 337 

applied to ensure the possible ROF transport routes are safe, which is discussed in Section 5.2 [22]. 338 

Table 2 Possible ROF transport route generation 339 

Inputs: ROF key network 𝑮, the freight network 𝑮′, distance of the key section  𝑑𝑖,𝑗(km), ROF original 

station 𝑣𝑜 and destination station 𝑣𝑑; maximum ROF outline middle-center height ℎ𝑚𝑎𝑥, maximum 

half-width 𝑤𝑚𝑎𝑥, historical ROF transport data 𝑹data, and setting up judgment criteria of height  

 ∆𝑑h(mm) and width   ∆𝑑w (mm). 

Outputs: Possible transport route set of  𝑹pos in ROF key network  𝑮, and possible intersection set of   𝑹pos
′  

in the whole freight network  𝑮′. 

Step 1: Assume 𝑹old = ∅, check possible transport routes from historical database whether or not similar 

routes are in historical route set of  𝑹data including original stations, destination stations, maximum middle-

center heights and maximum half-widths of ROF outlines denoted by 𝑣𝑜data , 𝑣𝑑data ,  ℎdata  and 

𝑤data(mm). There are three conditions C1, C2 and C3: 

C1: Check whether or not the original and destination stations are the same or they locate at the same key 

sections: 

𝑣𝑜(𝑓: 𝑒𝑖,𝑗
𝑘 → 𝑒𝑖,𝑗)= 𝑣𝑜𝑑𝑎𝑡𝑎(𝑓: 𝑒𝑖,𝑗

𝑘 → 𝑒𝑖,𝑗), 𝑣𝑑(𝑓: 𝑒𝑖,𝑗
𝑘 → 𝑒𝑖,𝑗)= 𝑣𝑑𝑑𝑎𝑡𝑎(𝑓: 𝑒𝑖,𝑗

𝑘 → 𝑒𝑖,𝑗) 



and 

𝑣𝑜(𝑓: 𝑒𝑖,𝑗
𝑘 → 𝑒𝑖,𝑗)= 𝑣𝑑𝑑𝑎𝑡𝑎(𝑓: 𝑒𝑖,𝑗

𝑘 → 𝑒𝑖,𝑗), 𝑣𝑑(𝑓: 𝑒𝑖,𝑗
𝑘 → 𝑒𝑖,𝑗)= 𝑣𝑜𝑑𝑎𝑡𝑎(𝑓: 𝑒𝑖,𝑗

𝑘 → 𝑒𝑖,𝑗) 

C2: Check the maximum middle-center height deviation of the historical ROF outlines data and compare 

with the current ROF outline is less than ∆𝑑h (mm), i.e., 

|ℎ𝑚𝑎𝑥 − ℎdata| ≤ ∆𝑑h 

C3: Check the maximum half-width deviation of the historical ROF outlines and compare with the current 

ROF outline is less than ∆𝑑w (mm) or not, i.e., 

|𝑤𝑚𝑎𝑥 −𝑤data| ≤ ∆𝑑w 

If above three conditions of C1, C2, and C3 satisfy the requirements, the historical route set 𝑹data  will 

be possible transport routes for the current ROF train, i.e., 𝑹old = 𝑹old ∪ { 𝑹data} . 

Step 2: Calculate the kth possible route  𝑹new of current ROF train. Let  𝑹old  denote historical routes and 

𝑹new are current possible routes, if the set  𝑹old does not satisfy the requirements, then to generate new 

possible ROF transport routes set 𝑹new by using the k’-shortest algorithm (k’<k) [21]. 

Step 3: Determine 𝑹pos = 𝑹old ∪  𝑹new. 

Step4: Calculate 𝑓: 𝑒𝑖,𝑗
𝑘 → 𝑒𝑖,𝑗 between the networks  𝑮 and 𝑮′ to ensure each intersection in the possible 

intersection set of  𝑹pos
′  within the ROF network 𝑮′. 

 340 

5.2 Double-checking approach to check railway gauges, safety gap clearances and operation 341 

conditions along the possible routes 342 

It is important to ensure that safety gaps between ROF loading outlines and railway gauges in the 343 

planned ROF route satisfy safety requirements. If the gap distances between ROF loading outlines and 344 

railway gauges are calculated only based on control points as described in Section 2.2, it could be 345 

potential risks leading to accidents. For example, Fig. 7 (a) shows a potential risk (the red cross points) 346 

where a gap distance between a ROF loading outline and railway gauges is calculated based on control 347 

points of railway gauges, which is not correct, and Fig.7 (b) shows a case that the shortest gap distance 348 

is |az|, but not |aB|, i.e., |az| < |aB|. 349 
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(a)                                                (b) 351 

Fig.7 Calculations of different gap distances 352 



 353 

Therefore, the gap distances should be calculated by using both actual control points of ROF 354 

loading outlines and railway gauges, in other words, double-checking approach should be applied. 355 

Table 3 shows the process of the proposed double-checking approach to calculate correct gap distances. 356 

In double-check approach, a minimum gap 𝑑fix and safety allowance  δ need to be defined to control 357 

the gap distances, for example, 𝑑fix = 300mm  and δ = 10mm  are currently used to define the 358 

minimum gap and safety allowance. As described in Section 2.2, initial gap distances 𝑑temp based on 359 

control points of ROF loading outlines 𝑯 and railway gauges 𝐒𝒊,𝒋
𝒌  can be calculated. If 𝑑temp < 𝑑fix, 360 

the loading outlines need to be re-planned. If 𝑑temp ≥ 𝑑fix, then the gap distance sets will be 𝒈𝑯 =361 

𝒈𝑯 ∪ {𝑑temp − δ} determined by ROF loading outlines and 𝒈𝑺 = 𝒈𝑺 ∪ {𝑑temp − δ} determined by 362 

control points of railway gauges, and then save the 𝒈𝑯 and 𝒈𝑺 to control point set 𝒈cpl. Finally, 363 

minimum safety gap distance can be calculated as 𝑑gap = min {𝒈𝑯 ∪ 𝒈𝑺}, and control points can be 364 

determined as 𝐿gap = {𝑙gap|𝑙gap ∈ 𝒈cpl, 𝑑temp = 𝑑gap}. 365 

 366 

Table 3 Double-checking Approach 367 

Inputs: ROF loading outlines  𝑯, railway gauges   𝑺𝒊,𝒋
𝒌 , defined safety gap 𝑑fix and safety allowance  δ. 

Outputs: Safety gap distance 𝑑gap (mm), and control point  𝐿gap. 

Step 1: Assume initial safety gap distance set 𝑑temp that are calculated based on control points of ROF 

loading outlines to be 𝒈𝑯, and safety gap distance set that are calculated based on control points of railway 

gauges to be  𝒈𝑺, and control points set  𝒈cpl, 𝑑temp = 0 and 𝑑gap = 0. 

Step 2: Calculate initial gap distance 𝑑temp based on control points of ROF loading outlines 𝑯 and railway 

gauges 𝐒𝒊,𝒋
𝒌  as described in Section 2.2. If 𝑑temp < 𝑑fix, the loading outlines need to be re-planed; If 

𝑑temp ≤ 𝑑fix , then 𝒈𝑯 = 𝒈𝑯 ∪ {𝑑temp − δ} and 𝒈𝑺 = 𝒈𝑺 ∪ {𝑑temp − δ}, and save the 𝒈𝑯  and 𝒈𝑺  into 

the control point set 𝒈cpl. 

Step 3: Calculate minimum safety gap distance 𝑑gap = min{𝒈𝑯 ∪ 𝒈𝑺}. 

Step 4: Determine control points 𝐿gap = {𝑙gap|𝑙gap ∈ 𝒈cpl, 𝑑temp = 𝑑gap}. 

 368 

The results produced from double-checking approach for railway gauges and safety gap clearances 369 

along the routes based on both of ROF loading outlines and railway gauges provide useful information 370 

for selection of safe ROF routes. 371 

 372 



5.3 Optimization of ROF routes 373 

A safe ROF route may not be an economic one. Therefore, all of possible safe routes produced as 374 

described in Sections 5.1 and 5.2 need to be further examined by taking transportation costs into 375 

consideration to select a safe and economic ROF route by using Eqs. (18), (19) and (20) as stated in 376 

Section 4. 377 

 378 

The process of the developed optimization of ROF routes is summarized in Table 4. 379 

Table 4 Optimization of ROF routes 380 

Inputs: ROF key network 𝑮 = (𝑽,𝑬) , the freight network 𝑮′ = (𝑽′, 𝑬′) , distance of each intersection 

𝑑𝑖,𝑗
𝑘 (km), railway electrification intersection 𝜌𝑖,𝑗

𝑘 , the lowest height of over-head equipment 

ℎecl(mm), minimum gauge of each intersection  𝑺𝒊,𝒋
𝒌 (mm), safety allowance of the gap clearance 𝛿 

(mm), ROF original station 𝑣𝑜  and destination station  𝑣𝑑 , ROF loading outlines 𝑯 (mm), ROF 

weight 𝜔  (tons), transport price rate per ton per kilometer 𝜇 , price floating rate 𝜀 , ROF extra 

transport cost per intersection 𝜏sp , 𝜏ni,  𝜏ip and 𝜏nep, the distances of safe operation requirements 

𝑑sp
l , 𝑑sp

u , 𝑑ip
l , 𝑑ip

u , 𝑑nep
l ,  and 𝑑nep

u  (mm), judgment criteria of height  ∆𝑑h(mm) and width   ∆𝑑w 

(mm), historical ROF transport data 𝑹data. 

Outputs: The optimal ROF transport route  𝑹∗ , optimal intersection set  𝑹′∗ , costs of objective 

functions 𝑀𝑖𝑛: 𝑓(𝑣𝑜, 𝑣𝑑), and  𝑛sp , 𝑛nm , 𝑛ip , 𝑛nep , 𝑓basic, 𝑓extra  and corresponding operation 

requirements. 

Step 1: Initialization 

Set up initial 𝑥𝑖,𝑗 = 0 (∀𝑒𝑖,𝑗 ∈ 𝑬) , ROF middle-center height ℎ𝑚𝑎𝑥 = ℎ0,0 , ROF maximum half-width 

𝑤𝑚𝑎𝑥 = 𝑚𝑎𝑥{𝑤0, 𝑤1,⋯ ,𝑤𝑛} , 𝑛sp = 0 ,  𝑛ni = 0 ,  𝑛ip = 0 , 𝑛nep = 0 , 𝑓basic = 0 ,  𝑓extra = 0 , 

 𝑓(𝑣𝑜, 𝑣𝑑) = 0, 𝑹∗ = ∅, 𝑹′∗ = ∅, and calculate the distance of each key section  𝑑𝑖,𝑗(km) by using Eq. (8). 

Step 2: Generation of possible ROF transport routes 

Generate possible ROF transport route set 𝑹pos in the ROF key network 𝑮 and possible intersections set 

𝑹pos
′  in the whole freight network 𝐆′ as described in Section 5.1. 

Step 3: Checking gauges, safety gap clearances and operation conditions along the possible routes 

Step 3.1: Assign initial route 𝑏 = 1, and unsafe routes set 𝑹us = ∅. 

Step 3.2: For the bth route 𝒓𝑏  in 𝑹pos ( 𝒓𝑏
′  in 𝑹pos

′ ) and 𝑥𝑖,𝑗
𝑏 = 0(∀𝑒𝑖,𝑗 ∈ 𝑬); If 𝑒𝑖,𝑗 ∈ 𝒓𝑏, 𝑥𝑖,𝑗

𝑏 = 1, then 

assign  𝑛ni
𝑏 = 0 ,  𝑛ip

𝑏 = 0 , 𝑛nep
𝑏 = 0 , 𝑓basci

𝑏 = 0 ,  𝑓extra
𝑏 = 0 ,  𝑓𝑏(𝑣𝑜, 𝑣𝑑) = 0 , 𝒓sp

𝑏 = ∅ ,  𝒓ni
𝑏 = ∅ , 

 𝒓ip
𝑏 = ∅ and  𝒓nep

𝑏 = ∅. Otherwise, 𝑥𝑖,𝑗
𝑏 = 0. 

Step 3.3: Calculate the minimum gap distance 𝑑gap
𝑏  ,the gap height ℎgap between ROF middle- center 

height and the lowest height of over-head equipment, i.e.,  ℎgap
𝑏 = ℎecl − ℎ𝑚𝑎𝑥 − 𝛿  as described in 

Section 5.2. 

Step 3.4: If ROF non-intersection transport occurs in the intersection 𝑒𝑖,𝑗
𝑘 , then 𝑛ni

𝑏 = 𝑛ni
𝑏 + 1 and 𝒓n

𝑏 =

𝒓ni
𝑏 = 𝒓ni

𝑏 ∪ {𝑒𝑖,𝑗
𝑘 }; 

If 𝑑gap
𝑏 ∈ [𝑑sp

l , 𝑑sp
u ], then 𝑛sp

𝑏 = 𝑛sp
𝑏 + 1, 𝒓sp

𝑏 = 𝒓sp
𝑏 ∪ {𝑒𝑖,𝑗

𝑘 };  

If 𝑑gap
𝑏 ≤ 0, then 𝑛us

𝑏 = 𝑛us
𝑏 + 1, 𝒓us

𝑏 = 𝒓us
𝑏 ∪ {𝑒𝑖,𝑗

𝑘 }, 𝑹us = 𝑹us ∪ {𝒓𝑏};  

If ℎgap
𝑏 ∈ [𝑑ip

l , 𝑑ip
u ]  and  𝜌𝑖,𝑗

𝑘 = 1, then 𝑛ip
𝑏 = 𝑛ip

𝑏 + 1, 𝒓ip
𝑏 = 𝒓ip

𝑏 ∪ {𝑒𝑖,𝑗
𝑘 };  



If ℎgap
𝑏 ∈ [𝑑nep

l , 𝑑nep
u ]  and  𝜌𝑖,𝑗

𝑘 = 1, then 𝑛nep
𝑏 = 𝑛nep

𝑏 + 1, 𝒓nep
𝑏 = 𝒓nep

𝑏 ∪ {𝑒𝑖,𝑗
𝑘 }. 

Step 3.5: Calculate the total distance  𝑑total
𝑏 = ∑ |𝑑𝑖,𝑗|𝑥𝑖,𝑗

𝑏 =1  between original station and destination 

station, and the objective function 𝑓basic
𝑏 ,  𝑓extra

𝑏 , 𝑓𝑏(𝑣𝑜, 𝑣𝑑) by using Eqs. (11), (12) and (17). 

Step 3.6: 𝑏 = 𝑏 + 1, if 𝑏 ≤ |𝑹pos|, turn to Step 3.2; otherwise, turn to Step 4. 

Step 4: Evaluation and selection 

If 𝒓𝑏′  ∈ 𝑹pos (   𝒓𝑏′
′ ∈ 𝑹pos

′ ), ∀𝒓𝑏  ∈ 𝑹pos (  𝒓𝑏 ≠ 𝒓𝑏′  , 𝒓𝑏
′ ∈ 𝑹pos

′ ), and 𝑓𝑏
′
(𝑣𝑜, 𝑣𝑑) ≤  𝑓

𝑏(𝑣𝑜, 𝑣𝑑) , then 

output 𝑛sp = 𝑛sp
𝑏′ , 𝑛ni = 𝑛ni 

𝑏′ , 𝑛ip = 𝑛ip
𝑏′ , 𝑛nep = 𝑛nep

𝑏′ , 𝑓basic = 𝑓basic
𝑏′ ,  𝑓extra = 𝑓extra

𝑏′ ,  Min 𝑓(𝑣𝑜, 𝑣𝑑) =

𝑓𝑏
′
(𝑣𝑜, 𝑣𝑑), 𝑹

∗ = 𝒓𝑏′ , 𝑹
′∗ = 𝒓𝑏′

′ , and ROF operation requirements in intersections 𝒓sp
𝑏′ , 𝒓ni

𝑏′ ,  𝒓ip
𝑏′   and 

𝒓nep
𝑏′ . 

 381 

As can be seen in Table 4, double-checking approach and determination of gap distance as 382 

described in Sections 5.1 and 5.2 are applied to reflect safe operation requirements together with 383 

transport cost consideration as described in Section 3 to minimize the total cost of the ROF 384 

transportation so that a safe and economic ROF transport route can be determined. A case study is used 385 

to demonstrate the application of the proposed railway ROF transport routing optimal methodology. 386 

 387 

6. Case Study 388 

This section presents a case study to demonstrate the application of the proposed methodology. 389 

6.1 Background 390 

A ROF train is loaded with the highest/lowest car floor’s height 1250/1170 (mm) with car bogie 391 

center distance 9000 (mm), the details of such a ROF train are shown in Table 5 and loading outlines 392 

are shown in Table 6. 393 

 394 

Table 5 Details of ROF train 395 

Items Data 

Original station 𝑣𝑜 (a key station)  

Destination station 𝑣𝑑 (an intermediate station)  

Weight (tons) 52.0 

Length (mm) 12500 

Maximum width (mm) 1830 (both sides) 

Maximum height (mm) 4250 

Out-of-gauge grade Super 

 396 

 397 



Table 6 ROF loading outlines 398 

Location 
Higher height 

(mm) 

Lower height 

(mm) 

Half-width 

(mm) 

Middle-center height 4250 - 1231 

1st-side height 4050 3290 1780 

2nd-side height 3050 2170 1830 

3rd-side height 1970 1470 1480 

4th-side height 1470 1170 1400 

 399 

The ROF train is planned to run from original station 𝑣𝑜 to destination station 𝑣𝑑. Fig. 8 shows 400 

all intermediate stations in the whole freight network 𝑮′, and connections of all key stations represented 401 

by bule circles that form the ROF key network 𝑮. The distances between key stations and intermediate 402 

ones are shown in Table 7. 403 

According to historical ROF transport data and current existing railway gauges, 𝛿 = 40mm, 404 

∆𝑑h = 40mm, ∆𝑑w = 20mm;  𝑑sp
l = 70mm, 𝑑sp

u = 150 mm, 𝑑ip
l = 100mm,  𝑑ip

u = 350mm, 405 

𝑑nep
l = 50mm,  𝑑nep

u = 100mm, and ℎecl = 5700mm, and the price rate 𝜇 = 0.02239 USA$/per 406 

ton per kilometer can be obtained. 407 
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Fig.8 ROF freight network 𝑮′ 410 

 411 

 412 

 413 



Table 7 Distances and relationships between different stations in networks 𝑮′ and 𝑮 414 

Intersections 

Key sections 

(railway 

stations) 

Relationship between 

two railway stations 

Intersections 

number 

Distance (km) 

Intersections Between 

two key 

section 

𝑒1,2 𝑣1(𝑣𝑜) → 𝑣2 𝑣1,2
1 , 𝑣1,2

2 , 𝑣1,2
3 , 𝑣1,2

4 , 𝑣1,2
5  6 

11, 17, 11, 25, 

12, 17 
93 

𝑒1,5 𝑣1 → 𝑣5 
𝑣1,5
1 , 𝑣1,5

2 , 𝑣1,5
3 , 𝑣1,5

4 , 𝑣1,5
5 , 

𝑣1,5
6 , 𝑣1,5

7 , 𝑣1,5
8 , 𝑣1,5

9  
10 

30, 29, 31, 23, 

23, 50, 27, 27, 

30, 13 

115 

𝑒2,3 𝑣2 → 𝑣3 
𝑣2,3
1 , 𝑣2,3

2 , 𝑣2,3
3 , 𝑣2,3

4 , 𝑣2,3
5 , 

𝑣2,3
6 , 𝑣2,3

7 , 𝑣2,3
8  

9 
8, 18, 12, 15, 12, 

9, 16, 12, 4 
106 

𝑒2,4 𝑣2 → 𝑣4 𝑣2,4
1 , 𝑣2,4

2 , 𝑣2,4
3 , 𝑣2,4

4 , 𝑣2,4
5  6 

5, 7, 11, 35, 19, 

34 
111 

𝑒3,4 𝑣3 → 𝑣4 𝑣3,4
1 , 𝑣3,4

2 , 𝑣3,4
3  4 32, 23, 33, 25 113 

𝑒4,8 𝑣4 → 𝑣8 
𝑣4,8
1 , 𝑣4,8

2 , 𝑣4,8
3 , 𝑣4,8

4 , 𝑣4,8
5 , 

𝑣4,8
6 , 𝑣4,8

7 , 𝑣4,8
8  

9 
7, 23, 11, 23, 21, 

12, 23, 22, 13 
155 

𝑒4,9 𝑣4 → 𝑣9 𝑣4,9
1 , 𝑣4,9

2 , 𝑣4,9
3 , 𝑣4,9

4  5 
49, 51, 15+2, 

27, 6 
150 

𝑒5,6 𝑣5 → 𝑣6 - 1 9 9 

𝑒6,7 𝑣6 → 𝑣7 
𝑣6,7
1 , 𝑣6,7

2 , 𝑣6,7
3 , 𝑣6,7

4 , 𝑣6,7
5 , 

𝑣6,7
6 , 𝑣6,7

7 , 𝑣6,7
8  

9 

12,15, 14, 16, 

14, 13, 23, 20, 

18 

145 

𝑒7,8 𝑣7 → 𝑣8 𝑣7,8
1 , 𝑣7,8

2 , 𝑣7,8
3 , 𝑣7,8

4  5 7, 8, 22, 26, 9 72 

𝑒8,9 𝑣8 → 𝑣9 𝑣8,9
1 , 𝑣8,9

2 , 𝑣8,9
3  4 24, 14, 49, 31 118 

𝑒9,10 𝑣9 → 𝑣10 𝑣9,10
1 , 𝑣9,10

2 , 𝑣9,10
3  4 38, 39, 13, 6 96 

𝑒9,𝑑 𝑣9 → 𝑣𝑑 𝑣9𝑑,
1 , 𝑣9,𝑑

2  3 38, 39, 13 90 

𝑒𝑑,10 𝑣𝑑 → 𝑣10 - 1 6 6 

 415 

6.2 Selection of the safe and economic ROF route 416 

As such a ROF train is classified as a super out-of-gauge grade, the price floating rate is 𝜀 = 10%. In 417 

this case, assign  𝑛ni = 0, then  𝜏nm𝑛ni = 0, i.e., other trains can run in the sections along the route. 418 

There is not a railway electrification intersection 𝑒𝑖,𝑗
𝑘  in the possible routes, i.e.,  𝜌𝑖,𝑗

𝑘 = 0, in other 419 

words, no over-head equipment along the possible routes. The gap distance ℎgap  between ROF 420 

middle-center height ℎ0,0  and the lowest height of ℎecl can be calculated ℎgap = ℎecl − ℎ0,0 − 𝛿 =421 

5700 − 4250 − 40 = 1410 mm, therefore, ℎgap[𝑑ip
l , 𝑑ip

u ] = [100mm, 350mm] , 422 

ℎgap[𝑑nep
l , 𝑑nep

u ] = [50mm, 100mm], 𝑛ip = 0 and 𝑛nep = 0. The extra transport costs caused by 423 

using Eq. (15) and (16) are 0, i.e., ℎgap ≥ 350mm,  𝜏ip𝑛ip = 0, and 𝜏nep𝑛nep = 0. 424 

 425 
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Fig.9 Possible ROF transport routes and operation requirements 427 

 428 

There are two possible routes generated as described in Section 5.1, i.e., the Route 1: 429 

𝑣𝑜(𝑣𝑜 = 𝑣1)  → 𝑣2 → 𝑣4 → 𝑣9 → 𝑣𝑑  with 444km and 20 intersections, and the Route 2: 𝑣𝑜(𝑣𝑜 =430 

𝑣1) → 𝑣5 → 𝑣6 → 𝑣7 → 𝑣8 → 𝑣9 → 𝑣𝑑 with 717 km and 30 intersections as shown in Fig. 9. There 431 

are six intersections in the Route 1 and two intersections in the Route 2 where the ROF train should 432 

control its speed as shown in Fig. 9 as bule lines. Therefore, extra charges will be applied for these 433 

sections because of speed limit. Fig. 10 shows an example of the calculation of gap distances between 434 

ROF loading outlines and the minimum railway gauges at the intersection (𝑣9,𝑑
1 , 𝑣9,𝑑

2 ). The minimum 435 

gap distance is 118.71 mm and 𝑑gap = 118.71 − 𝛿 = 118.71 − 40 = 78.71 ∈ [𝑑sp
l , 𝑑sp

u ] =436 

[70mm, 150mm] . Therefore, speed control is required based on operation conditions in the 437 

intersection (𝑣9,𝑑
1 , 𝑣9,𝑑

2 ) for both of Routes 1 and 2. According to Eq. (17), the total cost of Routes 1 438 

and 2 can be calculated by 𝑓1(𝑣𝑜, 𝑣𝑑) = 568.73 + 6𝜏sp  and 𝑓2(𝑣𝑜, 𝑣𝑑) = 918.41 + 2𝜏sp , 439 

respectively, which speed limit is assigned as 15km/h and extra cost rate at USA$87.422/km, in this 440 

case, 𝑓1(𝑣𝑜, 𝑣𝑑) > 𝑓
2(𝑣𝑜, 𝑣𝑑). 441 

 442 



 443 
Fig.10 Gap distance calculation at the intersection (𝑣9,𝑑

1 , 𝑣9,𝑑
2 ) 444 

 445 

Table 8 summarizes results of Routes 1 and 2. As can be seen that the selection of the best safe 446 

and economic route is determined mainly based on the safety gap distance between ROF loading 447 

outlines and railway gauges along its route, the total distance of each possible route, weight of the ROF 448 

train, basic transport cost, and the extra transport cost. In this case, Route 2 is the best ROF safe and 449 

economic transport route. 450 

 451 

Table 8 Comparison results between Routes 1 and 2 452 

Calculation results Route 1 Route 2 
ROF transport route 

(Key station set) 
𝑣𝑜(𝑣𝑜 = 𝑣1) 𝑣2𝑣4𝑣9𝑣𝑑 𝑣𝑜(𝑣𝑜 = 𝑣1)𝑣5𝑣6𝑣7𝑣8𝑣9𝑣𝑑 

Minimum gap clearance (mm) 118.71 118.71 

Other 4 lager gap/clearance between ROF 

loading and railway structural gauges (mm) 

227.70 

237.00 

252.49 

256.00 

227.70 

237.00 

252.49 

256.00 

Speed limit (km/h) 15 15 

Normal intersections (Number/Distance(km)) 14/310 28/666 

Speed limit Intersection (𝑛sp/Distance(km)) 6/134 2/51 

Routing distance (km) 444 717 

Costs of 

objective 

function 

Basic cost 568.73 918.41 

Extra cost 6𝜏sp 2𝜏sp 

𝑛sp𝜏sp 6𝜏sp 2𝜏sp 

𝑛ni𝜏ni 0.00 0.00 



𝑛ip𝜏ip 0.00 0.00 

𝑛nep𝜏nep 0.00 0.00 

Total cost (USA$) 

𝑓(𝑣𝑜, 𝑣𝑑) = 𝑓basic + 𝑓extra 
                     = 568.73 + 6𝜏sp 

 

𝑓(𝑣𝑜, 𝑣𝑑) = 𝑓basic + 𝑓extra 
                     = 918.41 + 2𝜏sp 

 

 453 

With regards to control ROF train’s speed at a number of certain railway intersections, it should 454 

be noted that different country has its own regulations. For example, according to Railway Out-of-455 

gauge and Overweight Freight transport Regulations 2016 [9] issued by China National Railway 456 

Corporation, if the gap distance is between 100mm and 150mm, a ROF train speed is limited as no 457 

more than 25 km/h; if the gap distance is between 70mm and 100mm, a ROF train speed is limited as 458 

no more than 15 km/h; if the gap distance is less than 70mm, a ROF train speed is limited as below 5 459 

km/h. In this case, the ROF train is limited as 15 km/h because the minimum gap distance is 78.71mm, 460 

i.e., 𝑑gap = 118.71 − 𝛿 = 118.71 − 40 = 78.71 ∈ [𝑑sp
l , 𝑑sp

u ] = [70mm, 150mm]. 461 

As can also be seen in this case, the shortest route is Route 1 (𝑣𝑜 → 𝑣2 → 𝑣4 → 𝑣9 → 𝑣𝑑 (𝑣𝑜 =462 

𝑣1)), but the optimal transport route is Route 2 (𝑣𝑜 → 𝑣5 → 𝑣6 → 𝑣7 → 𝑣8 → 𝑣9 → 𝑣𝑑 (𝑣𝑜 = 𝑣1)) that 463 

is a longer route than Route 1. The main reason is related to safety clearances because it causes extra 464 

costs due to speed limit, i.e., 𝑓1(𝑣𝑜, 𝑣𝑑) > 𝑓
2(𝑣𝑜, 𝑣𝑑). The results produced from the proposed method 465 

can provide useful information for railway operators to decide in selection of a safe and economic 466 

route for the RPF train. 467 

 468 

7. Conclusions 469 

Railway out-of-gauge freight is beyond railway gauges in its dimensions, which could be risks leading 470 

to serious railway accidents. The selection of a safe and economic route for a ROF train is always a 471 

challenge task for railway managers and operators in the planning of ROF routes. This is particular 472 

true because ROF route selection decisions have to be made based on safety gap clearances, costs and 473 

safe operation requirements. This paper presents a new method for selection of a safe and economic 474 

ROF route in which safety and economics are taken into consideration. The proposed method and ROF 475 

safe and economic transportation route decision support approach described in this paper can be used 476 

to plan ROF routes in which possible routes can be calculated and ranked, and the best safe and 477 

economic route can be determined. A case study is presented in this paper to demonstrate the 478 

application of the proposed methodology. The results show that the proposed method can provide very 479 



useful information for railway operators and managers to choose the best ROF route to meet their 480 

objective priorities of safety and economics. 481 

 482 

Conflicts of Interest 483 

The authors declare that they have no conflicts of interest. 484 

 485 

Acknowledgements 486 

This work describes herein is part of research projects funded by the National Natural Science 487 

Foundation of China (Grant Nos. 71971220 and 71771218), the Natural Science Foundation of Hunan 488 

Province, China (Grant No. 2019JJ50829), Hunan Provincial Fund for Philosophy and Social Sciences 489 

Youth Project, China (Grant No.18YBQ139), and the Fundamental Research Funds for the Central 490 

Universities of Central South University (No. 1053320183799). Their support is gratefully 491 

acknowledged. 492 

 493 

References 494 

[1] M. An, W. Lin & A. Stirling, 2006, Fuzzy-reasoning-based approach to qualitative railway risk assessment, Proc. 495 

IMechE, Part F, Journal of Rail and Rapid Transit 220(2), 153-167, https://doi.org/10.1243/09544097JRRT34. 496 

[2] M. An, Y. Chen & C.J. Baker, 2011, A fuzzy reasoning and fuzzy-analytical hierarch process based approach 497 

to the process of railway risk information: A railway risk management system, Information Science 181(18), 498 

3946-3966, https://doi.org/10.1016/j.ins.2011.04.051. 499 

[3] M. An, Y. Qin, L. Jia & Y. Chen, 2016, Aggregation of group fuzzy risk information in the railway risk decision 500 

making process, Safety Science 82(2), 18-28, https://doi.org/10.1016/j.ssci.2015.08.011. 501 

[4] B.C. Wilson, 2008, A gauging strategy for Great Britain, Proc. IMechE, Part F, Journal of Rail and Rapid Transit 502 

222(3), 227-233, https://doi.org/10.1243/09544097JRRT139. 503 

[5] J. Perez, P.D. Allen & D.J. Hatt, 2008, Making maximum use of restrictive loading gauge as applied to friction 504 

damped freight vehicles, Proc. IMechE, Part F, Journal of Rail and Rapid Transit 222(3), 255-265, 505 

https://doi.org/10.1243/09544097jrrt170.  506 

[6] Tang B, Lei D, Zhang Y. 2012, Integrated optimizing model and algorithms of transportation route in out-of-507 

gauge and overweight freights of railway. Application Research of Computers 29(8), 2876-2881, DOI: 508 

10.3969/j.issn.1001-3695.2012.08.020 (in Chinese). 509 

[7] Y. Zhang, Q. Zeng, D. Lei & X. Wang, 2016, Simulating the Effects of Noncrossing Block Sections Setting Rules 510 

on Capacity Loss of Double-Track Railway Line due to the Operation of out-of-Gauge Trains, Discrete Dynamics 511 

in Nature and Society 2016(3): 1-16, https://doi.org/10.1155/2016/2319437. 512 

[8] D.M. Johnson, 2008, An analysis of railway system gauge proving using trains equipped with polystyrene blocks, 513 

Proc. IMechE, Part F, Journal of Rail and Rapid Transit 222(3), 267-273, 514 

https://doi.org/10.1243/09544097JRRT34
https://doi.org/10.1016/j.ins.2011.04.051
https://doi.org/10.1016/j.ssci.2015.08.011
https://doi.org/10.1243/09544097JRRT139
https://doi.org/10.1243/09544097jrrt170
https://doi.org/10.1155/2016/2319437


https://doi.org/10.1243/09544097JRRT116. 515 

[9] H. Chen, X. Li, H. Wang, 2017, Safety of railway out-of-gauge goods dynamic transportation based on simpack 516 

simulation, Railway Computer Application 26(12): 5-9, DOI: CNKI:SUN:TLJS.0.2017-12-003 (in Chinese). 517 

[10] D. Lei, J.Wang, B.Tang & Y. Zhang, 2012, Study on object oriented method for calculating out-of-gauge goods 518 

outline in railway. Computer Engineering and Applications 48(28), 20-25, https://doi.org/10.3778/j.issn.1002-519 

8331.2012.28.005 (in Chinese). 520 

[11] A.A. Khaled, M. Jin, D.B. Clarke & M.A. Hoque, 2015, Train design and routing optimization for evaluating 521 

criticality of freight railroad infrastructures, Transportation Research Part B 71, 71-84, 522 

https://doi.org/10.1016/j.trb.2014.10.002. 523 

[12] L. Backåker & J. Törnquist, 2012, Trip plan generation using optimization: A benchmark of freight routing and 524 

scheduling policies within the carload service segment, Journal of Rail Transport Planning & Management 2(s1-525 

2), 1-13, https://doi.org/10.1016/j.jrtpm.2012.06.001. 526 

[13] R. Borndörfer, T. Klug, L. Lamorgese, C. Mannino, M. Reuther ,T. Schlechte, 2017, Recent success stories on 527 

integrated optimization of railway systems, Transportation Research Part C: Emerging Technologies 74, 196-211, 528 

https://doi.org/10.1016/j.trc.2016.11.015. 529 

[14] X. Wang, Z. Chen, D. Lei & Y. Zhang, 2012, Influence analysis of transport capacity loss for out-of-gauge 530 

trains running on double-track railway, Application Research of Computers 29(8), 2886-2890, 531 

https://doi.org/10.3969/j.issn.1001-3695.2012.08.022 (in Chinese). 532 

[15] H. Chen, Q. Peng & X. Wang, 2016, Path Selection and Loading Scheme for Out-of-Gauge Transportation, 533 

Railway Transport and Economy 38(12), 74-79, https://doi.org/10.16668/j.cnki.issn.1003-1421.2016.12.15 (in 534 

Chinese).  535 

[16] Y. Luo, Y. Zhang, J. Huang, H. Yang, 2021, Multi-route planning of multimodal transportation for oversize and 536 

heavyweight cargo based on reconstruction, Computers & Operations Research 128, 1-13, 537 

https://doi.org/10.1016/j.cor.2020.105172. 538 

[17] S. Liu, X. Zhu, 2011, Study on Route Selection for Out-of-Gauge Trains, Logistics Technology 30(6): 139-143, 539 

DOI: 10.3969/j.issn.1005-152X.2011.06.045 (in Chinese). 540 

[18] Y. Zhang, S. Wang, X. Zhang, F. Xie & J. Wang, 2013, Freight train gauge-exceeding detection based on three-541 

dimensional stereo vision measurement, Machine Vision and Applications 24(3), 461-475, 542 

https://doi.org/10.1007/s00138-012-0444-2. 543 

[19] J.L. Kolodner, 1992, An introduction to case-based reasoning, Artificial Intelligence Review 6, 3-34, DOI: 544 

https://doi.org/10.1007/BF00155578. 545 

[20] S.C.K. Shiu & S.K. Pal, 2004, Case-based reasoning: concepts, features and soft computing, Applied 546 

Intelligence 21(3), 233-238, https://doi.org/10.1023/b:apin.0000043556.29968.81. 547 

[21] D. Eppstein, 1999, Finding the k-shortest routes, SIAM Journal on Computing 28(2): 652-673, 548 

https://doi.org/10.1109/SFCS.1994.365697. 549 

[22] Y. Zhang, J. Guo, D. Lei, H. Wu, 2021, Route decision method of railway out-of-gauge and overweight freights 550 

transportation based on association rule mining, Journal of Railway Science and Engineering 18(7): 9 (in 551 

Chinese), https://doi.org/10.19713/j.cnki.43-1423/u.T20200986. 552 

https://doi.org/10.1243/09544097JRRT116
https://doi.org/10.3778/j.issn.1002-8331.2012.28.005
https://doi.org/10.3778/j.issn.1002-8331.2012.28.005
https://doi.org/10.1016/j.trb.2014.10.002
https://doi.org/10.1016/j.jrtpm.2012.06.001
https://doi.org/10.1016/j.trc.2016.11.015
https://doi.org/10.3969/j.issn.1001-3695.2012.08.022
https://doi.org/10.16668/j.cnki.issn.1003-1421.2016.12.15
https://doi.org/10.1016/j.cor.2020.105172
https://doi.org/10.1007/s00138-012-0444-2
https://doi.org/10.1007/BF00155578
https://doi.org/10.1023/b:apin.0000043556.29968.81
https://doi.org/10.1109/SFCS.1994.365697
https://doi.org/10.19713/j.cnki.43-1423/u.T20200986

